Tk %ulldn‘wgs + A—ppﬁmfwohs,"'

The idea of C-Pud»,r‘,nj’) uf. diwa
~op qrovps oloe Hheiy ik bu&awwgs
goes back o Quillem . Tlhus idea
was larer developed oy S-Miteld
bulr mol wwelh vecend” wovt SLws
4p ule +Hnese eobjectks .
Theve ave 2 pavts dp Alas Ll
{. Look al” exomaples aF(d/.sm-ck)
TR bM'dAwgS of Coxeter 9ps-

2 Wconbe lop. TiR low'ild/twg: of-
Athne + Hypurbolic kac-Mpocly qps
M Wl’CU\d Me f{WcM o

wMta veced YeSudit of
Pread - Hoplins-2laman  hold.



Coxeter Greups ( ‘vf‘iSfmaa"‘P"";") z

Def o A Axu m wmakix As(ay)
K

€& oMed a d @il
MAIIX (G.CM)

- QAJ =0 <> QA =d

rowm Hus dala one al-e‘QmeA o
Coxery qveup (The Wy qmwp )

W(A\-<fLILA,2._-K "“LI:'{:(le) 2 >

cujaj.:\o { 2 3 24

QIVW 1 Cf[ 2, -. “} oua(‘-‘me,
Wi € W(A) b be e deo?f’

%vvuJLQl“d(ﬂaY {v;, le I}



Rovnas”. R.
1 W) oy be inbnire even if My <00
fov aur uj
“-a A« (-1 2 -—r) ,.W(A-\r-lgkzz

- =f 2

For #ne vest of +he Falk assume that
. (WA= , A indecomposable

'lw1l<w'l(—1:{b .nk
Suehh Geme feul iu'l-o o Hyper’

. AHHne *‘{P::_ © Ones wheve A g
poStHve cemwn.dedinale. The WA s
ave e AfRve Weyl groups associc ed

o Loop Troups

2. Hyperbolic qui: Hexe A hag
Sl‘alﬁﬁl’u?’e (n~,1) . For n:z2 theve
18 an wmhwite fonuly . Lo nso
theve are &WF@Y m@w (i g-am)
(et Humphreye )




Ler € = all Proper Subsets o
{u2,,..n} (incmding o)

Def : The Tiks budlaing for W)

X s lAOwUVM Ty |
- lee /‘”1

= (WXA'H% ; A,M:n-l S'mP]g,

>t weallg
(W, L) ~ (v, U) mdex ed h,‘_' Y/

Ny A=Y € 231-; Uz v Wy

PBKMIU) !
Rowmk ¢ : Lok 2

MHM:(z -?_) Mhing 2-l—f>

-2 2 - 2 =t
{ =« 2

‘lqpvﬂoa(n:: ReeE
(2- )-“‘”4 W'(-( 2—r)

b
v =2 1 2



Geomewie Lol when

abeuw)l a wau hcgg he e t
g N

Rﬁg_ : The Lwdﬁmwlm Wad»(
C/!AMM ‘W\ t* Lg |

C ={ote t“{ he () zé W}

The Tik cone Y s 4 W
orlil o C. Moreovenr, C ‘s
e Fumdamenil aomalw
ot e W ackion on Y,

The Tik buwilding ‘s a defovmabs
velvack of 2 wmienoy of .



EKM'& !

{

Az (2 "2) ,W:.<f,,7,

-2 1

L 2
'!" =Y,z 9

W, =0 T~ \ h,=0
L \
rQc H::::::“f;Hh , C
\ \\_ /

The TR tone Y is Hae uppon
hat} plame + ovgin |

= {erofofol  (Leew
The TR bwildiwg s e afbne
Uve m Yed.



W W 0

150
%
A ORVANE

7

V.

The THs cone Y g an opein
Cone wth owne bQUWldMlj fei ur
(#me 0‘\58’%%\

Neke : The 1nfenor aﬁ Y cawnnot
ot %WQM as a Lneoar -et“
weouwQ a ey, -



1

Lot T be 4 tovus wokn Lie ayp t,
hem Hie GeM A \jede an
éxlfem gien

A -—-rT—pN(T)—rW—-‘l

S0 wWe Man Haiuk of NET) Qe wp
("PWP"WW3 on X . Linbaet X

Neote: A G"S’.pacﬁ EG s

Sand 4o be Hre oldShf\j
S‘pqco. o proper ackions

Eq =) P HEG mon aomd’
¥ HeG compad
"ﬂMs m?w\-( M*%dﬂ "‘*J”



q.
Dy 40a4 s fv crlole N(T) -

€4 )R K-Heow of X .

Sivee N i loccww cowmpacl”
4‘:’nwg propr en X t'H/V!.S € Hwowy
(KNH)(g Com be defined.

Note Hal” evem Hrough T 2 '
on x,'.k'usﬂ me'ﬁm- e 7

Ko (8 = i (Dol

How ey, wmhcle/r—me W - s'?
Q(T) X  Ahew one Cam show

LN(Z) : IKW(E(T)%)“

(LHS has elagsey ep Suppented
on HnL gk i )



R() has qwe matuvas ()-inv Suboel 0
Qm‘:? S RM) c () wh,
R, ={ Xe 9(1')( e Lutty) |
E(‘ﬂr‘ :{a{e Q(-r)"_ ( % & Wallg 2f Y}

Romant:  Dar(y) com be chddacten
s 2k (Y= {NGY( [W, [ < ao}




Note ! .

1. W Gets fueu{ on 2(‘1"‘:} %

2 The ww.Pac-HS'ca-ch 5F X s
Enown o ke an (n+) sphore - 05
we wohcee Hiak: -

A 4 =1 % &N

2\ - P
K’w cem‘,‘&) - 6 (Q(T}/w g)
| .l = ( Bm-p:)/WN
%+ N+ Tl.é k Z @ K_r))"j

One cam alSo See Hus uxing
Hae RBousdeld -Yan <¢

v vy
i w2 (0)) 3, (0E)
These Q. _.__[Y z8 Q('r?:J b fen

- Z[w)
O Hrunse

1.



Lok s o

“tine following Somey Starfewenl”
‘e wwosk Wkely bue

Krom (), = 10 (06,

Reason: X cam be idumh fed vk
W porbetic spaa K", watn W
acking Uid isowmehies . Ik Seams
Uity Hnar X ""‘-?Poﬂ" a W-1my
K-Hreow omenlation .

The Qbove Som 1S Hhéen grven
o 'w\l'caranf abowg HAQ ‘P‘YO}eelf;ﬂh

L), x X — 07,

(vecard 4moa-owr claved wire

Conp ety Mp/omd




Pat 1+ Wovk of FHT .

For a (not nece loc cpet) Troup 4
Reking Proporly on @ space B
FHT déFs'he ew\m.l.'aml' UrtHn

%
Ko (8.

%T;?—f# idea ofcongt: EHT consucl a
G-eqmv umaversal Hilbearr bahie ovar
B (wor NMoal wnies G cpeb) uawg
ot Rbomrise Feq. Opf on
e bale iy defime a G-spechum
?aévam@(m&ed ooy A. Now

IKG r = 7, (S'pcm of- eqpav Secfious)
A nabuval WoM 4o eblain clanes
" Wa(R) is 4o conshuet an aguiv
Pivace opwvahoy pcwmelrin&zd e A



Ka"““"‘ﬂf’f_(%“‘*“ﬂ) 2.
Givem a GCM A, Hreva isa +op ea,?
G(AY (poss. imbdim). T may e
Voautified wibn a max vy tu G(A)
ond NE) wh, R Mmrmewlw,

Moveover, "¢ I €2, Hhew Hare 0
A netuval Aax Yamk (wuwad"
e sweqriup Hy of G, aud 44
Wl qroup of Hy i Wy

Dol The Top. Tik buildiug of G

e N3

Lemnankeg !
1. A s a modd By EG



5.
2. A woy be 1oavch fed  uitin
e G-ovbir of X (or even ¢)
w e (nad of) Lie aleelya
"t oFG. Moveouer A omd R

anve Yeloled ey 2 = /AT (T- hed pls)

3.k Ha GeM A s afhne covvesp.
+o Hrg Leop 9P LK 4hen Hae Spaca

B s Hre aflive Space ef counechions
on SxK .

. We may  congidur +Hhe vaogl”
GCMs A omd the

oW OPOnINY ) spac A
Bur umless A s afhne or hyp-,
Hre Stocl (A'—G) wall wobk e
Sweoth .



We womt + Shudy ||<; (&) : e

Vroceed Gy EHT!' Cousidur
P qq"m'-r)g —r A

(wwu 2 /AT)
We hone mape

R % *10
£z —>1Kq(G>;JQ3-IKM(X)
.(;*: ﬂ(; () — |l(; ()

UGAW + T Qot( S a vdrmdf'{au
lKa ( A) i lK (253 -—-::-KC(A,)

Dg: LDCQ‘UA‘ +Ha
KH* (hy) "‘"Ku“‘ )—’K ()'h
wwc.h a veha el on (c{- FHT)




2 2 X 17
Def : W (h),= Km0 K (E),

Thw © The ima.ae of \K; (A\+ " “‘:@;
s exacky Kz(z:)l‘ar,a Z60 R

2w ‘;’ L/

T As w FHT, idea s b show [
Lills wou-veg classes. Rocau mnak

\ocatly £ s pustfor avd awwg
g (4%) —s K_:I( ‘b: ) —s KG(M’)

wheve a: q lefl' —> GXHI’(E

Now Cougs dey 1 non rzuhu elowm &u -
' i
n IKMI(M . KNI(Q(T)" ) . Al guaie

+ ]
wown folean dayues anve indme ed up



\¢.
‘Prawr waure e Let U ¢ JZM(Y) d

be some well , Hrem k‘;’fx('zmm)

s spéuned h’ HAL uwaﬂes af’
K* ((ZCT)ﬂ'u) as U YomQ ey soer
W, 0

1OWy
tre warts m nk (Y.

The ima.?, a? Oy elass e

¥ ey au) au o w "
Kwnwu) ) ™

b K (/A\ factors -Ha'-mug,h k p")
whexe H IS e CduWa,hSer OP-I»M,

wald U. %nm%rw.a?o—ff

Kw_.,nw(em M) in Ky (pEY g

tacal , +ine IVV\aj,( of all wou- r%
harr B el i K (m), .



wm“m' a.
'lcf G 'S an athue or Hypubelic
Kac -Myody qroup ,Hém Hreve
'€ an (closhack) addihve som:

340 N Tnbk | reg
M‘G C/Al.- QQPG MZ&@L_ME(TL

Wwmork: Tw e alhwe cale EHT
oclmboush Hars 1SDWA ?Dmv& oA
doll: fhey emdow A Sl a Clifkord

‘wmodadt S Mol suppovis a fawmily
o divac operators Q Par@wmeleds
osur A, Givt. N € Rep i+, +hey
egra s Ht ISom b»-(-l-w%h"uf

D ha&\/ e i o \nhwlke v

—roun 1Som . Lin Hne qubaug

core S moy be coushucted | o)

(.D 's wok obwous (4 me .)



